Dvostruki integrali

. Izracunati [[ f(z,y)dzdy ako je
D

(a) flx,y) =223y +2y,i D={(z,y) eR*: —2<2 <2 -3<y<1},
(b) flp, @) =p*¢iD={(p,9) €10,2] x[§, 5]},

(c) flz,y)=1iD={(z,y) eR*: 1<z <3,2* <y< 1},

(d) fr,y)=1iD={(2,y) eR?: 1< <25—9% -3<y<0},

(e) fla,y)=11iD={(z,y) €R*: (z—1)*+ (y - 3)* < 1}.

. Odrediti granice integracije integrala [[ f(z,y)dzdy za dva moguca re-
D

dosleda integracije ako je

)
) ( Y)
(c) D= (x,y>€R2:(ar—1) +(y—3)2§1}i
) (,y) € R?: 2% + 9% < 8y, 2% +y? < 8z}

(a) {(z,y) € R?:9 <a” +y* <16},

(b) {(x,y) € R? : 4(x — 1) + 9y? < 36},

(© {(z,y) eR*: 1< +y<4,1< 2 <2}
(d) {(m,y)eRQ:W§1,xzo,yzo}-

. Izra¢unati masu i teziste homogene ploce (npr. p = 1)

(a) {(z,y) eR?:0<2<a,0<y<b}i
(b) {(z,y) e R? : 2? +y* <9,y > 0}.

. Izracunati masu i teziste ploce
D ={(z,y) e R? : 2% + 4> < 25,0 < y < V3z}
gustine u(z,y) = 22 + 32

. Izracunati zapreminu oblasti

(a) V={(z,y,2) eR3: —2<2<2,-3<y<1,0<z<5},

(b) V={(z,y,2) e R3: 22 +y? < 16,2 <9 — 22 — y?}

() V=A{(z,y,2) eR®: 2 =5 < —/22 + 42,2 > 1} i

(d) V={(,y,2) eR3: 2?2 + 9> < 1L,2? +y? —2< 2 <2 — 22 —y?}.



Trostruki integrali

. Izracunati [[[(z%y + z)dzdydz ako je
1%

V={(z,y,2) eR®: —2<2 <2 -3<y<1,1<z<5}

. Izracunati [[[ (2% + y?)dzdydz ako je
%

V={(z,y,2) eR®: 2 < 2 <4 —2a? —¢*}.

. Izra¢unati Jakobijan transformacije

a) x =rcospsind, y =rsinysinb, z = rcosb,
(ryp,0) € [0,00) x [0,27] x [0,7].

b) & =arcospsind, y =brsinpsind, z = crcosb,
a>0,b>0¢>0(r,p0) €[0,00) x [0,27] x [0, 7]

. IzraCunati zapreminu oblasti

(a) V ={(z,y,2) € R?: 20 + 3y +42 < 12,2 > 0,y > 0,z > 0},
() V ={(z,y,2) €R®:1 <a? +y?+22 <9},

(c) V.={(p,¢,0) €10,3] x [0,7] x [0, 3]},

@) V={(z,y,2) €R¥:2? +3° + 2 <9,0 <V3z < /a2 + 42,y > 0} i
(€ V={(z,y,2) e R®:a® +y* < 2% 2° +9° +2° < 9,2 < 0}.

. Odrediti teziste homogenog tela (gustine p = 1)

(a) V={(z,9,2) ER3:0<2<20<y<3,0<2<4}i
(b) V={(x,y,2) e R®: 22 + 4> + 22 < 9,2 > 0}.

. Izracunati I = [[[(z? + y?)dzdydz, gde je

v
V={(x,y,2) eR®: 22 +9y2>2, 22 +4°2 <72 2>3}.



